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ABSTRACT 

A technique for imaging the path and magnitude of the transport current density flowing in 
superconductors is described. Results are given for a 37-filament BSCCO 2223 powder-in-
tube wire, showing a highly inhomogeneous current path within the filaments. 
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INTRODUCTION 

Direct imaging of the paths of transport currents in superconductors creates many new 
possibilities for exploring the basic features of vortex pinning mechanisms and for 
improving the performance of superconducting materials. Prior to the application Of 
magneto-optical imaging techniques to. this problem, information on the transport current 
path was available only on a large scale, determined by the experimental space required for 
traditional I-V measurements. Typically, voltage and current leads can be placed on samples 
at intervals of several tens to hundreds of microns, allowing a sampling of the current 
distribution on this scale. However, the current distribution is determined to a large extent 
by the microstructure of the underlying material, which typically changes on the scale of 
microns. Thus, detailed information on the effect of a particular microstructure on the 
current distribution is difficult to obtain. Furthermore, to determine the critical current as 
a function of position, it is necessary to cut the sample into slices which are measured 
individually, thereby avoiding current sharing with neighboring regions which may have a 
different critical current. While such slicing techniques measure the average critical 
current over the slice, they do not provide a picture of the actual current distribution as it 
would flow in the full sample, including the role of connectivity and weak links in guiding 
the current. 

In principle, magneto-optical techniques alleviate the limitations of spatial scale and slicing 
that are inherent in traditional I-V techniques. Magneto-optical images [1,2] with a 
resolution in the 1-5 micron range can be obtained with careful optimization of the optical 
system, and an area with dimensions of tens to hundreds of microns can be studied in a 
single image. The central problem in making such studies is the recovery of the current 
information from the field images obtained in the experiment. The approaches to this 
problem fall into two general categories: (i) application of an external magnetic field with 
zero applied current, with analysis of the field penetration via the Bean critical state model 
(shielding mode) [3-7), and (ii) the application of a transport current in zero applied field, 
with analysis of the self-field patterns to infer the actual current distribution (transport 
mode) (4,5.8]. Applied field techniques typically give the critical current as a function of 
position, but in practice reveal little information about the actual paths and magnitude of the 
transport current which is regulated by weak links. Applied current techniques have the 
advantage of showing the performance of the superconductor under close-to-operating 
conditions, but they suffer from the notoriously difficult problem of inferring accurate 
current information from the self-field distribution. 

In this paper, we describe an applied current technique for imaging the current flow in 
superconductors, paying close attention to the problem of inverting the self-field patterns to 
recover the current distribution. We present a new analysis technique, applicable to long 
wires, which provides quantitative error limits on the inferred values of the current 
densities. We apply the technique to commercial multifilament conductors and 



demonst ra te a high spatial correlation between microstructure and current density on the 
micron scale. 

INVERSION PROCEDURE 

The simplest inversion procedure for inferring the current distr ibution from its self-field is 
based on Ampere's law, V x B = (4JI/C) J , where B is the magnetic field and J is the current 
density. If «J is confined to the xy plane, Ampere's law simplifies to 

3B-Z 8B V A% 3Bx 8B Z 4n 
dy - dz = c J x 3z " 9x " c J y ( 1 ) 

T h u s , the cur ren t density J is completely specified by measur ing the field gradients in Eq. 
(1), provided the gradients are measured inside the sample where the current is flowing. 
Magneto-optical experiments face two shortcomings in this regard: they are sensitive only to 
B z . not B x or By. and the measurements are made outside the sample where J is zero. The 
second shortcoming is not serious for measuring the gradients of B z , because the boundary 
condition on B requires tha t its normal component be continuous across the boundary. Thus 
if t he boundary is perpendicular to the z-axis, the gradients of B z in Eq. (1) are cont inuous 
across the boundary and are correctly measured outside the sample in the u s u a l magneto-
optical geometry. However, there is no such boundary condition for B x or By, and in fact 
their gradients with z change sharply a t the surface. The absence of information on 3B x / dz 
a n d 3By/3z (hereafter called the "parallel gradients of B' l inside the sample in the magneto-
optical experiment is a severe limitation on determining J . It is tempting to a s s u m e tha t 
the i r contribution is minor compared to tha t of the perpendicular gradients of B, and to 
infer the current density from Eq. (1) ignoring these terms. However, a s shown below, this 
is a n uncontrolled approximation tha t can insert arbitrarily large errors into the estimates of 
J for some sample geometries. 

The error made in ignoring the parallel gradients of B can be obtained by comparison with 
exac t r e su l t s . Three exact resul ts a re available: a long c i rcu la r wire, a long wire of 
rec tangular cross-section, and an infinite slab. The long ci rcular , wire carrying uniform 
cur ren t is an elementary problem. If J flows along y and B z i s measured along a tangent to 
the surface of the wire in the x direction, the exact solution gives 

3Bz_ 2rca2j a 2 . x 2 
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where a is the radius of the wire- Above the center of the wire (x = 0), the exact resul t i s 
9 B z / 3 x = - 2 J I J / C . Thus estimates of J based on ignoring the parallel gradients of B in Eq. 
(1) are too small by a factor of 2. 

The long wire of rectangular cross-section carrying uniform cu r ren t density h a s a n exact 
solution [91 which is algebraically more complicated, b u t equally useful. If Bz(x) is measured 
along a line tangent to the shorter of the flat sides of the wire, it c an be shown tha t above 
the center of the wire 

3X C [ Tjt J 

where w and t are the width and thickness of the wire. The error in estimates of J ignoring 
the parallel gradients of B in this case is greater than a factor of 2 and depends on the 
aspect ratio of the wire. 

Finally, an infinite slab of uniform current density perpendicular to z can be solved exactly by 
elementary means . Outside the slab. B = (2JI t/c) J x n where t is the thickness of the slab 
and n is the outward-drawn normal. B has opposite direction on opposite sides of the slab 
b u t is otherwise uniform outside the slab and h a s no z component. T h u s all of the current is 
represented by the parallel gradients of B inside the s lab, and est imates of J based on 
ignoring them give zero. In this case , the error of such es t imates is infinite. In these 
examples, estimates of the current density based on ignoring the parallel gradients of B are 



too small by at least a factor of 2, the error becoming arbitrarily large as the sample 
thickness shrinks relative to its width. 

The errors associated with using the local form of Ampere's law with incomplete 
information are avoided in principle by using the Biot-Savart law. Here the field outside the 
sample is properly treated as a non-local integral over all the currents, and the shape of the 
sample is explicitly taken into account. While exact expressions can be easily written, it is 
difficult to invert the non-local integral to recover J from B, and the inversion is, in general, 
not unique [see, for example, 10]. However, for the case of a long wire of rectangular cross-
section, the expansion of the exact solution given by Eq. (3) handles the non-locality and 
provides a linear relation between the current density and the field gradient for a specific 
geometry. We take this solution as the basis for our inversion, and use Eq. (3) ignoring the 
geometrical correction w/jit. This approach makes two approximations: that the filaments 
have a small aspect ratio w/ t and that their current density is uniform. The first is a 
controlled approximation, since we know the size of the correction if we know w and t. For 
our imaging geometry", t corresponds to the long and w to the short transverse dimension of 
the filament, so the aspect ratio correction is small. The approximation of uniform current 
density can be analyzed as follows. The contribution of a given current element to the field 
at a distant point falls off as 1/r 2. Thus the field at a given point is quite sensitive to the 
current density nearby, and much less sensitive to currents flowing farther away. Given the 
large attenuation of 1/r2, even substantial changes in J at distant points have little effect on 
the value of the field. The use of Eq. (3) to measure local variations in the current is 
strongly confirmed by the results reported below: if the local field depended sensitively on 
distant currents, strong local variations in current density would be unresolvable by this 
technique. The main effect of using Eq. (3) for local measurements is a smearing of the 
derived current density. The measured J is an average over a finite region effectively 
defined by the 1/r 2 attenuation of the Biot-Savart law, and the actual variation in J will be 
stronger than the measured one. 

RESULTS ' 

The multifilament wire imaged in these experiments is a 37-filament BSCCO 2223 powder-
in-tube composite [11.12] fabricated by Intermagnetics General Corporation. It had a 
critical current density of approximately 1.7 x lO 4 A/cm 2 in self-field at 77 K, corresponding 
to a current of 31 A. A-1.5 cm long section of this wire was polished to about half its original 
width, giving final transverse dimensions of 1.37 x 0.20 mm. Magneto-optical images were 
taken of the polished surface (defined by the current direction and the short transverse 
dimension of the wire) while an applied current up to 21 A was passed through the wire at 
zero applied field. To avoid heating, the current was applied in pulses of 0.2 - 0.7 sec, while 
the images were recorded with a charge coupled device camera and the voltage developed 
across the sample was recorded on a storage oscilloscope. Four full filaments were visible 
on the imaged surface of the wire, as shown in the scanning electron microscope (SEM) 
image in Fig. la . Light gray represents the Ag sheath, dark areas correspond to the 
superconductor. Also visible in the SEM image are narrow regions of superconductor 
(labeled "T") which correspond to the tops of filaments buried deeper in the wire, as has 
been confirmed by additional polishing. 

A magnetic field map of the surface produced by magneto-optical imaging is shown in Fig. 
lb. The gray scale in the image has been compressed by subtracting a linear background to 
show all the qualitative features. There is a sequence of light and dark bands running 
roughly along the current direction, indicating substantial field gradients in the horizontal 
direction. These gradients are the signature of the current distribution in the filaments, 
expected on the basis of Eq. (3). The field gradients are shown quantitatively in Fig. 2a, 
which plots the variation of B z along the line indicated at the bottom of Fig. 1. In the region 
outside the superconducting filaments, the field decays as expected far from a finite current 
distribution. If the current were carried uniformly in the Ag sheath, the field would show a 
constant gradient confined to the region of current flow, as is seen for the data at 100 K 
where the BSCCO filaments are normal. At lower temperature, where the BSCCO becomes 
superconducting, sharp gradients appear over the filaments themselves indicating that 



Fig. 1 (a) SEM image of four full filaments visible on the imaged surface. T=tops 
of filaments partially buried beneath the exposed surface. IN=interconnects 
between filaments. SP=second phase particles, MC=grain colony misaligned with 
filament direction, GB=iow angle deviation in texture, (b) Self-magnetic field 
pattern with applied current of 21 A. Bright corresponds to positive fields, dark 
to negative fields. The contrasting light/dark vertical bands are the signature of 
filaments of current (c) Current map of the same region. Solid lines indicate the 
outlines of the filaments. Bright areas correspond to high current density, dark 
areas to low density. 

locally strong currents flow there. These gradients are not constant over the width of the 
filament, indicating an inhomogeneous current distribution within the filament. The 
inhomogeneities are most noticeable at the lowest temperature, 30 K in Fig. 2a. Current 
sharing in the Ag sheath is indicated by a positive gradient over the outer sheath at 77 K and 
100 K, while at 30 K the negative gradient over the outer sheath indicates that all the 
current is being carried by the superconductor. 

To convert the field profile in Fig. 2a into a current profile, it is necessary to take the 
derivative along the horizontal direction, using the prescription of Eq. (3). The current 
profile is shown in Fig. 2b, for 30 K and 77 K. There the current is shown directly, and the 
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Fig. 2 (a) Magnetic field profile along the dotted line in Fig. 1. The solid vertical 
lines indicate the edges of the Ag sheath, the dotted vertical lines indicate the 
edges of the superconducting filaments. The inset shows the imaging geometry. 
{bj Transport current profiles along the same line, obtained by applying Eq. 3 to 
the field data in (a). 



inhomogeneity within filaments can be easily seen. The uncertainties caused by the 
unknown aspect ratios of the current carrying grain colonies are less than 25%. (Note that 
the Held gradient in Eq. (3) is evaluated over the center of the current distribution, so it 
cannot be applied to the regions between filaments. Thus the negative values in Fig. 2b in 
these regions are meaningless and should be ignored.) Regions of remarkably high current 
density can be found, up to 8 x lO 4 A/cm 2 at 77 K. This is much higher than the average 
current density. 1.7 x 10 4 A/cm 2 . The current density profiles at 30 K and 77 K display the 
same shape, even though the transport current is below critical in the former and above 
critical in the latter case. This indicates that the current inhomogeneities within a filament 
are present even in the fully penetrated critical state, and are not related to the surface flow 
expected for sub-critical currents. 

Full field maps like those in Fig. lb can be converted to current maps by taking the 
appropriate derivatives via digital image processing. The result is shown in Fig. lc. The 
black lines in the current map show the outlines of the filament positions. Dark areas in the 
current map correspond to zero or low current, light areas to high current. It is apparent 
that the current density is highly inhomogeneous, varying widely throughout a given 
filament. Only a fraction of the available superconducting cross-section is effective in 
carrying current, confirming expectations from slicing (13-15) and microstructural [16-18] 
studies and earlier magneto-optical studies [4-8]. The apparent termination of local current 
flow paths in Fig. l c indicates that the current is diverted beneath the surface. Because of 
the 1/r 2 attenuation, such subrsurface paths are not easily seen with our technique. 

The availability of high resolution current maps like those of Fig. lc makes possible detailed 
comparisons of local superconducting performance and the underlying microstructure on 
the scale appropriate to each. Many interesting details can be seen in the comparison [8]. 
For example, the current is often seen to follow a few-micron wide strip close to the Ag 
interface, as has been inferred from earlier mono-filament slicing studies [13-15] and from 
magneto-optical imaging in mono- [5,7] and multi-filaments 16]. The interface regions are 
often seen to contain well-textured, phase-pure microstructure [17.18] which is favorable to 
high current flow. However, there are important exceptions to this trend, as indicated by 
the very high current region in the lower part of the left filament, where the current flows 
in the center of the filament as it crosses from the right edge to the left edge. Examination 
of the SEM image shows a particularly well-textured microstructure in this region, which 
guides the current as it winds its way through the superconductor. Similarly, there are long 
regions of Ag interface that carry little or no current, such as both edges of the right 
filament, and the left edge of the second filament from the right. The SEM image shows 
that there are areas of good microstructure in these regions, but they are often interrupted 
by second phase particles which obstruct the current flow. Thus, the images show a strong 
correlation between current density and microstructure on the micron scale, and clearly 
indicate that the best microstructure and superconducting performance are not necessarily 
found at the Ag interface. 

While the current images demonstrate the spatial correlation of microstructure and 
performance, they also show that microstructure alone is not enough to guarantee high 
critical current. There are many regions where good microstructure is seen in the SEM 
image, but the current density is low. Many such cases occur in the right filament, which 
carries remarkably little current anywhere along its imaged length. The reason can be found 
in topology, connectivity, and weak links. Weak links, composed of second phase particles 
or poor texture, block the current path leading to good material, cutting off access to 
otherwise high performance regions. The current maps suggest that such connectivity cut
offs are a fairly common occurrence, and a major problem in improving the average critical 
current of the wire. High resolution current images like the ones presented here illustrate 
the need and provide the means for making detailed studies of the topology, current path 
connectivity, and weak links in practical conductors. 

Interconnects between filaments play a crucial role in AC loss mechanisms, because they 
create large area closed loops which support induced eddy currents. In assessing their 
importance to loss mechanisms, it is necessary to know whether interconnects actively 
carry current or not. Three interconnects (labeled "IN") can be seen in the SEM image, 
only one of which, in the lower part of the second filament from the right, carries current, 
in systems where there are frequent interconnects, current maps provide a new and 
effective means for exploring their role in contributing to losses. 



SUMMARY 

We have proposed and demonstrated a new analysis technique for converting magneto-
optical self-field images to t ransport current images with spat ial resolution in the micron 
range. The analysis technique is based on an exact solution to the Biot-Savart law for long 
wires of rectangular cross-section, and does not contain the uncontrolled approximations 
which limit schemes based on the local form of Ampere's law. We have applied the 
technique to multi-fi lament BSCCO 2223 composite supe rconduc to r s , displaying the 
t r a n s p o r t c u r r e n t d is t r ibut ion wi th spat ia l resolu t ion comparab le to t h a t of t he 
microstructure. There is a high spatial correlation between superconduct ing performance 
and microstructure a t the micron level. Good microstructure is often found a t the Ag 
interface, b u t there are many examples of high current density in the centers of filaments, 
and of low current density a t the Ag interface. The cur ren t images show t h a t regions of 
good microstructure alone do not guarantee good performance, since weak links composed 
of second phase particles or poorly textured grains may isolate good microst ructure from 
the current path . The role of interconnects in creating large closed loops among filaments 
can be directly observed; not all interconnects are found to actively carry current . These 
examples demons t ra te tha t high resolut ion t ranspor t c u r r e n t m a p s offer a potential ly 
powerful means for unders tand ing and improving the performance of superconduc t ing 
material. 
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